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Navedima wf. py vseh pokritiih i po definciji Aobima:
YA £ MolA) = M(AY.
1L) Naj bo Ac Rous Tn WA £ 0 Tzberimg £2Q in

pQ\EZ,iYV\Q pokn'*&e, (.An\“gw za A z wmnoZwaw 1z tA‘,l

A ye % Ko(An) < Mgt (A) + £
- PR MA
B YA, ¥(®)= VI(TA) - lim v (UA

Pl Ylaste —A ,!L'Q M (Q«A““\
* (T AN
= 14 (B
Ker o M weva, ye /.L(B\A\ = /UL\%\“ /‘L\A\
¢ pins) - MIA)
<

MUAY € iB) = Y(R)



= V(A)* Y(R\A)
< y(A+ mBA)

<YV(A) + <
Kevr e £70 polyhen, 6& A ¢ V(A)

W) NaJ bo /u o-kanina, 1o Pomen
//f'L'o (A = (Ah\
X= OAM Anedt (A, o

Aekpr o A= AnK = “L,_/,‘(A’\AV\\
BSS \ibex\mn (A\v\ Vnew PQTQW\(A C)\(s\sunk\-nc

DUA) * 5 mArAG 7 i\l(Ar\An\ = Y(A)

/], 6. polmere n pola\ge\ove,

Definieia e mnozica ¥ e PK), ki zudosia
L) &ey.

WABE S = Arﬂse‘x

W) Ae g AS \e konina dl\)\l\'\\fv\'v-b\ \M\ja\ mwozic iz 3.

Primer: $(R) = {la,b),(-0,6), (4,0 | a1k &Racd|v [}
ﬂ(\?\\ J'e’ PO\Q\ %@‘OVO\ (BY\O 5'\'1.!.\/\1\0 pvev\erﬂ\')

lzg;F\mu!u Nqb bo 3 pe\a\ﬂebm ™ 'S X — (o, °"]
preshkaw , m ye , Ce velya:

AWATIEY

@) A, Av\‘upwmwm c\tsjm&*nb ) \\% UAn." N , po’fﬂﬂ\ 31



/»L\ }ZAk) < éM\Ak\

(.f.b\ Ce 0 A‘I|A‘L|---é'\£ parow O\‘SJW\IL"W\Q. W jc p.‘A\“-Y,
pQ'\'e\f’\ A.L o0 oo ‘
MlUAY & 2 MlAn).

21 oktober 2025

NVaj bo S polalgebra na mnsgiy;, X . Tekoy 4

) &£
d\%@‘m\ %e'\lﬁmm = S, ol Avwzini VW Womimih
Jis;\\/v\\»\v\'\\r\ Un-\j e S,

Simbolidag: 3. qu\u«\%\om
K = i_Aw---vA«\\ nelN, ACES purama i"SjVﬂ‘t*u')

Dokaz: A 2 algelva, ki oditw vechyg J.

Po Aﬂ{'lv\"ﬁly bhe & webavala Q\fa&‘ovo %Mfuum T ¥
2«30\rvx'3i opis A Pcw_—\uk{' Ae B0 A& VRRbovani v
u\lﬁl‘or'\ %&N\QT\WV\'\ s 3.

9“-’- 3. Q‘%&‘Q_@\

() 9 ek (W po\qazbw\\ v

) Aetk => A% RS

i) Apek DAdek

Dokezali bomy i) =v hontine. presche i vuto & &
"Noaw" (i) wmlii) st skupa)  ehuvalntine (i) +((8) zavadi
A MWYAMRYA Pram\a

A= Au—vAm, ¥y AnAj- 0
B=bav-v By L¥y\ B;(\Bj-ﬁg



SANR = (.-Q,A"')/‘ (J.\Z,%S) = UUming,

n
e )

AR €%, 4] e 3 polalgrm n
(AL I\%J) a (A r\P.)ﬂ.\ = kAH\P;L\ N (B n Be)

C:'. A tzlloali §#L, ¥ Yo pazon prerl.
DAY g kondun wiye parama  digjuabinih =D Al 64
) Aek = Afelk

A=Q4AL y Ave T puowma iy

Ker o A" po def ki abs. = slglors v b g2
Abek pn o w,

Naj by 3 po\a\cazb\ra\ na wi. X i ey oo AL
po\wwfa\ 3. Te_clni %) s’md'a nadonke evia raesivider
) Ao ware K na ql%&\ovi %levirani s 3.

AGUac "-‘-35A4|...|A,,\6-‘S (Prraman 0\1'55-| Ndl
A= YA = MAY:= 2 n(A)

(=1

Dolaz: Vaé@

Totka (i) Vv def Polwmeve, na pn\m\f\ovi pravi:
(A“\neu N pavoma t‘k\S:\. wm hl? Anw €3 =

WA € 2 pAY 0

Kev st.\oo]mam N po\q(%g’ovi re2ivi o wave na
o\ﬁe\oril oen.z 3 je v (%) enazaj.



.37 Lebegue - Steltjesve were

Nuj bo X “Fopolozki proster. Tew & R Mfvinan,
nn Barelovi o-algebr;  Ryix).

N“j bo M %QYG,\OVU\ weva. na W\ | X SQ konona
N vielh vixtgln'\\v\ Rorelth wmmficah Yeqlne 09 -
Def: Fu R—= K s predpisom
pliyee)); x>0

F(z)':% 9) L X=0
f ~Mlexo)) 3 X<0

Teduy & Fu Nuvaliajoia in levozvezm,
() @zl => pltes)) = Fulb)=Falol
i) Ce £ M \LonEM, po+ew\ )%
F=Fu* /ULU"‘" 0)),
kipr jo Fl)= ml-oo, x).

Dokoe: Fa nwlidjoia, 36y 32 M wnonotona
Do\u»i'wv\ol O\M&z F/A levo ZveTna. Nal‘ Yo
X>0.3(K“\“N Q(O\oo)l Aw X.\/’X

Fau L) = Co,l) = limy i (Consol) = fim, Fly

Primem x20 e lohwmo v (odoben ..
nactw .

1) Oasl i w(loyb))= (B 6)\ [0\a)

=pTo o)) - p(Cona)
= Fu (o] - Fula)



Poolne v ostalin priwerih,
i) Fix)= i) = M ((-0)v (o))
= M (=20 N Fu (-

GY g Mueati obratno +rdivey : Vsala navaicajolon
[(vozse 2 nen ‘Fu'\\wi&\ FR—>R povodi Borelovy wevo. Naj b
forej F R0 naoiiaypin levizwena,
Tcdui be*ﬁ\)a"f”\

Floo)= hinfldl g Flooo)e= lim 1)

Y=o

Na polalyebri J(R) ven wiawlw  oblike (o), [a,o9),
(-=o, b) n @ definiamg pradlilwe e S M\‘s am
Mel2)=0
Me (Cap)) = Fla) - F(b)
M Llo0) 2= F(o) - £(o)
Mg (Comb): = Fb) - F-o)

M & polmen nu golalgehei J(R),
Dokgz: (i): Po definicii se e (@)=0.

(i) Naj ka2 [a;b) Yeonva J\\(‘\uv\unb- vv\ia'o WMINIELC .l't \\P‘

D\.‘o\ - gﬂ[“jnbj) " Ec\i .bj\ S0 pPhAe dl'sj.

i S~ fndenuali 39 yregdn aka, o
Lf gtf‘ “f“_'_ _l'ff-‘_(g,,':-“‘_l'l_‘_%\)_- WP v\mb,ljuy.&gdz

Flo)-Fla) 2 & (®6i)-Flo)) = Flaal- F lbnl = £ls)-Flu)

A

0 Wo Wy . 0w B-\
) ) ot i

(1, b, b 5\'-‘\ llf)




Na podaben naCin  Prevevimg [a,ao\ n [-W\Io). DN
(Cit): Preverima stewno  Svbadihivmest  =a M.

NAJ bo ntenal T "":SUR) Sl At’.sj. uvﬁdlu Vi< rualov
Im .l% :g (,W\\ .

pe(0) € 2 Mel1n)

A primer: T=[0\b) => Tp=[An, bn).
lebecma €20, Ker & F levoewzma , obdtep ¢ ¢bo

cseaj, Ao FLO SEOI-Sy i Flg)>flg) ~ &

¢ C
St - $

\3\ a; b b
Kompq,lv\'ui .m'\rev\m) [0\, 01 Poh-V'ly-!mo 2 odrx"'l‘vv\i miervaly
s, 65) | YN ). Dostajn kondns  pod pokrihye .

TQ% A 8& VKbO VONN v ngw\ ('(‘j |bj)- Bgs ﬂe(Cq 54)
) =C- ’bd :

4 7 b

Cé Aﬂ- b'l >C, po‘}‘&W\ S\ [0\| cl ¢ (C4| b,\)' Meer 1Momo
BSS by 6’(_('.-,_\ b-._\

LL b]_ .C-

oA LS
Ce »kt b,> CI po+c.W\ SL [‘MC—-X& (C*\.'on\U(h, 51\, Sicer

Postopek. o Au\'jué,zmo- Po konimg \ovakih ( po presteilcemy),
d'ab\'w\o ‘."\'HVW\\L (_C1 ,\0-1\ I (61.\ l91_\ | === LC‘M ‘on\ \ A 0"'
C1 &N, C,)'M‘-\oj T j: e by >0



Elfwm et 2 £l ) it

ndekst wa zocelin
MABST W 2 Z(i{:(b) -'F(C-S)) - i/L
d=1
n-1

= ~Flr £ ) Fleind)) + Flow) - &

20
2~ t 0 +F) - &4
7 -F(a) +F(b)-<4) -t
= Fk)-f(a) - ¢

ke\ryz ¢>0 poljuloehl \\'e.
£ (Flon)-Flas)) = £0) -F6)

2. primer : [w, Oﬁ) = U (Qj b')
Flo\-Fla) 2 é(ﬂb.; )-F(ei]

ZoonelN: [an) = U1 Co‘i. win {1, "’J‘\\
Po prejiniews primer, welo:
P Flo) = S {F(milin)) - £l

ﬁ*w 4 é_q(ﬂhj ) -$@j))

£leo)-F(a)
Qs¥ali priwevi DN.

N S(R) imuwo polmers fug
Pe@=0, U (@h))= Fla)-Flb), Mellam))=flo)Fa] | pepo b)) =Flb) i)



Pa rerely  laWe, Mt rmelivima NA eV, Somn nacm 0y wewe
Me e q\egzbvo iw RN ivuawy 2 i(m\ Tvovimo E\IMV\J'O
meya M_P" na . Po quq’\\nrxh‘fi&&Ww\ Verehy Je
Mnzica Fope vt Pt mr&ivik Mo &L a'-cxla.e'om, k
VR uwe '\m(::valz. oblike fab). Tore) (ﬁcﬁ‘alb(ﬂl).

Dodutng + (I, U’cﬂ:,pﬂ\ﬁ#) Xz_ PQ\V\ w\w\j\'v pms"w.

=) LA;M;* 2 &,(W\\ Lebe&dueQ/a\ 0‘-0\%&\9\(4‘ \Li 6‘2

Na palnidey Bore\ing & -algelre
Meve, M= A )¢ weva, . 190
Fevehy oA zw)m;\\é X Yo wery ewlicua vaziivitey
mere (2 ala. . Z 3(ﬂ~\, San) 3 Hshn wem « -koncna.

Poseben yvimge 1 T)=x = Dobimo
Qzwrdma j0 < .
22 oktoker 201y
Najba Ae 3R] in xeR ., Tedsj vella mix« A) = m(A\
in mx-A) = |x|m(A).

Q}kul'- kaJ bo W c‘llfiv'\\rqm na X(R\ S PYQAr:qu\z

My (A) s = m (x +A). R
My \'y. polmerq ha T.?(W\\, Xt [aq b V-ulag+bn) = }_.Z!X*‘[&J.la:.)
Ki 2 vyema 2 m na ha V(R
Ce 69" vk m\rs. RN, 2 K(ﬁ\l potum st My W uemala
tudi v . Up(\mb‘\Mo quﬂ%&ﬂb’q 2 (U‘b,n\ m (v, mx).
V oheh primerik chobimg d‘-qlazbm\ ki veebup LR} ker st

M o owm, - konewi Na (_%,UE), sta.  ewnolitng Vq.zi'\rlj\i,\'

na R)

Dokuz o\ruy. ehakash pvobvm.



Spowm'\mm e (3(\1\/ /‘(-F\ ~ ( Uq" '}LF‘ = (%ﬁt'/&’tjﬁﬁ‘)
polwera ‘wa mevra wny I

polaloebr; algelori 7
Acckps S A= inf 1L gAY (A & n ASTA,

A“(‘-,A-_,?-) An 2 koninn a\isjunuhh UVIB'UK interaly  oblike
[a\b)l (_-Oolb]' [0\‘00)

A= inf{ 2 fe (Camba) [ A2 T fom b}
o612 Fled-Fle) 12 G om0}

N“S bo . Lzbe,s«aue," 5+|'o\‘|-\')0-5wa mere  ha J.Um,

por QJLV\U\ 2 namSE_a\'\oio levyzveznmo Fum Lu;"o FR—K. Teoluj :)e

JAA) = inf JL é (F (bm) - F(an)) | A € § (ars b

- - T TN

: A U] > piAd
|

~

——

Dokoz :Oznatime desng shen 7 V(A _
Vsauk interwl  (on, bw) je Stevaa cﬂisdvvxum untia
intervaloy  oblike [ Ry, be). Po dq{:(vucgi WnEimuma

® A E YA,

Zo. Qbvalna neenglost P pg‘\-rebuézmo \eN‘EVe'b.n_o_si-
funkoge T2 Noj bo AR in viaj bo p(A) 400 ledy;
za. V20, Jlapba) <R da g



Ow

oo
A < g,,[“"‘ib“ v -+

> ™ bu
JIATNRL2 a,gﬁu%.bn»\ = é(ﬂb,\—ﬂan\)
Ker jo T levozvezna, za VnelN . Janzan, da &
Flon) > Fla.) - %
DAcUlanb ¢ §(anlbn)

nea

S IR+ & 2 2 (Fio)-F (o) - 57
() ) ~e R \)
O bn

= Mm(A)r2e 2 ég(b,,)-f(u;\)\
Zavadi monotonasti mere  jo potem m(A) z VIA).
Za A<L(R) velja
WMIAY = inf }Lm(U) \As\j"‘k"g (%)
=5up{ m(k) | KAl o)

Dolw= [prva enakagk): (druga mgae Wamge ~Rieszo ool

A=V = m(A) L mlu)
= m(A) & inFimlu) )y 2A)

Prej smo dokazali, doc’x ¥ -
&)= inf L L0 ((anbnl) 1A € T om by

VY (an, bn) D WMV) S é,,m((“"""“‘\
n=1

(%) ;o (%)

UY\'F. P Mp\rﬂh W\h.) (5up. = lomy. yan)



9 MERLSIVE FUNKCWE T o T8

2.1, T’\gx\\i‘ive preslikave

Na st (X &) W (Y, ) merljva prostora. Preslikavea
F: XY \e , Ce \& F'B)evt 72 veak BeB.

Primer: Konckuntne preslikave so werlywe s =2y,

] gD
G ix bl

Kompo%‘r\'uw\ mef\l\vih pfau\'\\mv SQ. mer\j\'vq pyes.\i\w\,q,
Dokaz: F{X, A\ — (¥, D), 4: (¥, D] — (E,t)

ce¥,i (o) ()= F( & () 2

pV\E_E
& A

Ha.j ba (X, W) \mar\\'\iv pms}or, Y wn. W K=Y prestibo,
L) B Lbey [FB) e kY o T-algeban na ¥
i) Ce e , B) merljva prostor in ?.>=6(F],po’r€mdlc ¥
merljva & F7(F) et VFeF,

- = = -

Bw B S F(GRA < (B ek
ek
W &) Vv



) By:i= [Be 7| FUR)erk]

9, je Iralgova po i) )

Po predpostavkal j& Febo => a(F) by,
VRedd velp f'®yer S F mer(yva

Naj bo (X, ) werliv prastor m Y Yopoloski praster.
Teday o F: (X, ) — (¥, DY) merljiva & £ V)t
YUoh v 7.

Vealun 2vezna, prec;\i\m\:u med Yoo lodkimn
ostorame, Je W\Qr\jivq %\eh na Daovelwi a- aly (MX[-\Y\‘
Fr UGB — 7 D) je wmerlyiva | Ce & zvezwa),

Merljve preslikave  med dogoladhimi grostori ; opgremljenimi z

?)ore\ov wmiy o -al &,‘QYNM'l : bama  iwanavaly

Nuj bo (X, 1) W\c\r\:y'v prostoy v T:X—R
fmlcija. NTSE:
O F e (A DR) wenlion (X, ) = (R BOK) je wertji)
() £ (Coee s VaeR ali £ ((q,")) ek Yatlk
@) Y (Co, e YacR ali §F'([a,) ) e Vacl
W) £ 0) e’ Vach ali T ([ap))ek Yazh
v) (L v\e & Vac)
v) (e 0) Ve Yach



2.2 Ruzdiviena, reama Qs

i= RV {-oo‘ oo'g =" .

. w 0
-wex<oe Vxel (imawma hd‘\ve‘i.sn‘ in Vlajwmujii e,lemenﬂ

Topolossm na E’

‘ha K \e Qb'fi.q\,jnm Evlclidgla +0PQ\03\30\'
bazn sistewm okolic 2o o0 (0,00), ael
buzwl sishen  okolic 2z i, b) | belk

Topologija na R e natunio  velativia -\repolog'lsd 9.
nklzijp LR <—R (e zvena

Zovma nas BR) & B

Topalogjju nu W pove; da e Xy— =0 v Smuly
ANAN  natane km\\rer:azwm \Y, ‘\-op. pr- v

Naj ba X Topalsski prostor w Y podprastnr v X
opremlien 2 velative  +opalogifo. Teds je

BYY:= {YaAA ) Ae 3’)(’0\-

Dokuz: Ocs\eé'm si B iXaA |Ae Sb\x\t,

Hitea & vidi | du &L » a‘-qlcaa'bm_ Pa clszﬁw“_i\\-f reletivne
*Opca\o«:\\gc Y, B vrbye vk adprik minozi e
ARSRN VAR

BEPY) AeHK) D YA e D)

L: )/ —>X e ZVETNA, . .;_.;; ;\; -Y-O});?Ml' =2 rel, Yop.
D07, 3 — (X, Blx)) &m

Ae Dix\ = L"‘(f\) e D)
Ya A



Veljn B(R) & IR) n
BIR) = {Aub | Ae BHIR |, Be v ol &

Dokaz® BIR) & )
Ae R = A= Ry, Be DR
Rodprtn v & => K e BIR) = Aepiin)

W) B o zagrev R D Red> (i)

= Avb € BT
©@: AeDH(R)
AnR ¢ IR\

S A=(AnR\VCL" C= {-.ao,oo}

Naj by (X, k) werliv prostor i £:X —T
‘FW\\Lo(SA. Ted@-S R 3 W\QT“X\'WA o) ‘F%l'_-OO, ﬂ\e A Vael.

Ce ¥ T X=k merljiva, @Okwé& A vl
merYvm 2 vsak ACR.

Dokez: A=0: Af=Q y& W\Q,Y\S\iro\ V4
A0 (N Eoal) = §xeX| (Af) 1 € [-o0, Y
= Jxex| F) e[, X)
=5l %)) e &
A40: podalonag

Primer: (X,it) wmerljiv prastor. Merljivest XAl AeX
X : aq=21

Xa (L—~-m = {A‘z Q&
G @ . a<0
W merljve &> A merljivg &5 A merl{iva



2.%. Produkina c-alaeboro

(X&), 7, B) ~ (Xxy, AeD)

Aek K BelhH = Axb
ASDH ... c-algdonn geverivana = vaemi merlivimi prwskotwiky

Nqi bosta (X, &) i (Y, B) mev iva  prasiara.
() Produltna G-algebva VA XN SL Y\G\Smuv\j{u a-q\gebm e Xx 7
dow s p\'o:‘o.\cc.\l'i MX*y—= X in T:Xxy =Y werlywi,
u\ (e d° A=g(L) m b =a(F), potem 32 NG g.evuzrimm\ z
G=1Axr) Ae € x{XxB| BeTy

Dokoz: iyNaj bov &a: Xx7 = X in g0 Xxy —y wevlivi
9leda. wor nekq o‘-—a\gz\mro T noa XxY
A, Bedy
Ax® = (Axy) n (XxB) = - A) A9 (B) e L
P dfmiciic € veove Asp O C e

@): Vsi  element Q SO erlji pravolaoi-mh.' D(G)eted.
KD < a(0)
Z-{AcX| THA) e o(Q)), i Xxy o X
Polemi je Z o-alglr wrbuge @ = a(ﬁ,\ «Z
= VAch: gt (“A\e (G ) i
AxY
Podgbne Y Be Bb: X B¢ ()
= Axh =(AxraxxB) ¢ 7(GQ) Hked <o (().

Na& bosta X @ ¥ Yopolska praviova. Prdukt Xxy
Oprewwa S pmbuvk’mq o -qladg\'o_ Te'dgl V‘Q—tjﬂ\l
) HKIOD) & THixxY)



¢ C_o., sta YW ¥ L-Yewn, porem HKI HY) = (xxY).
(| Ce st Xy _sepmm\:i\no\ welriéna  Provtoa | potem e
BXYe HY)= Txxy).

Dokaz: (W) V medricnih prastorih 'Je sepavabims b & 2-hewnt.
29. okAober 2026

L\ Na:! Yo C 6-al52bm qenerirann 2
F={uxrlvetsu{ xxv |V6'C’r‘&

Po preginyi lemi F ramo generwe prodvktng o-algebro
x| x BUY). Ker F & Ty, §o a(l‘f) S 0 (Txey): RK*Y).

i) «Bly)

Topolotki proster j¢ 2sleven Cle QBS‘\‘ajq Steviu bt Ba -}o,:obsl‘:"o.
To pamen;, dn qb-ﬁuda\ v drvzing  odprbih mngie du Jo Vahe
odprin mmzica inije ke paddrueine,

Polazali bawmo, dot J v Aprfa mmozia v KxY webanana v
?DLKV%[Y\.‘CBY 5& vdahe Qt\prh wozian v XY tlewnn vv'\B'o‘
odpr¥ih p*ravo\w’(m\w. ® p¥reone  “dokozati ", clua!. (/% V eDla<Syy)
za. UeT,, VET,. 7

Red\mo| A Imamag (X.t/o}, Y, 3) in T RAP
(k¥ ko 3) ™~ (k2| (K0T o )

Podobng luhko Yvarima ostle wozEne prodvkte. Du se
V'\(le‘\'i, du \SQ‘ (/0'9 35\@ | qenerivana, 2

LAR)xC | Ak, Bed, e L)
Vdoho dantifibac pitemo  (Xxyx2, koo L)

Podobwq 2 vei prostongy.,



2o nelN veljn D) = @ BR),

(=g

&k&ti N=1 po '*rzld‘vf, Saj R /8 sepqm\oﬂeh meXricni proﬂ-or.
h—neq: BR) = H{E) = HR) = DR
= ® ")uil") ) (K

‘\1'1

=@ D)

g

V duh 1dent \'Fi\(adf, C= )R’,’ ZANS
BCE) = B = HRHW,

No“ bosta (7.(‘?)1\ i (7, By) \mer\j\w\ proston
YiXYy oprewmima s produktng o-algebro Ce g (X, k)
merljiv orostar i F: X —Y4x¥ preslikaw | ¥ edaj e
Fo(A, 154®35L\-mer\j’iw\ S g0f 9, ot s 2apredomo,
(R D)= i (R D) -merljivi,

Dokoz: (=3): Naj ba F:X =Yy, (o, By 8H)-merljiva
X —F— Y, x,

Y
Kev r 4 ('543'\51.5’1;\ “wmerlyiva, 2 gof K\k,&)-me\rl‘jwu.

(«): NO\\') bosta OMOF in 9.,0f merlyivi, Qznadimae
Ci= {Bey,x% ) £R) = AN

Vemo, da je T ¢-algebm. G V¢ beva& we merlive
PYMQH.QJ(V\\\C@ p()'\'Q.W\ 3@1 &q ® ?)1_ =



B:B4x52| %€ \354” Bté ‘?JL
F®Y= {xeX| Fix) e = {xex| fulk)ena in FLWleB, |
= i)(GrX\ fax) eBn\ N "_XGX\ {"Lb(\("%"-\

= P8 A BB e,
b‘ls b‘\'k ¥4 WM 'F;_ merlj\'v{.

N(A\'\ \30 (Xﬂ.kl\ WY‘:}\V ms‘l'fw' in Ye{_“ﬂdq C%“’]S\
(e ot f.q: X —>Y merljivi po\c.w\ St wwerljivi tvdi
*F'!'S n F's

> Y x
Dokez: F: X —> Y'xY s Ao N :
X — (.F (X‘, Q‘K“ J/ SQ\'S\'B\I&V\!Q
h < ali
v\nhoienjc
Y

h i zvezva, zadq je b (Yey, DY) — (7, 517))
mef‘\)fvm. Ier sto ‘F,cs'- (X, &)y — (7, BY)) W\crlj\'vi, je i
F:(X, k) —> (=, D)D),

D7) =D)« B(y) ker ¥ 2L-Steven

Linearne kovn\oivxac\je, mer \jivik preslikay 2 wedwost
v Rali € so merljve.

Naj by 04 &) = (6, 36 meeljin. Tedo
sta Refin Imf Fudi  merljui.

Ve,\ja\ WA obrat, s jo F=Ref +ilmf,
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Na\" ko (O\n\“e”‘f—' [-o0, o0} 1@0”’0\3& Definimmo  dn: = SnUP Q. Ttd-j
‘[FQ:?“\,W Pmdu"\‘.fce, quQveJ:]G_ M 2ol ima llim‘rh?'kv [-00,°9).
0

lim'\‘\‘o oznacima 2
|imsupq,\== liwn (.sup Ckk) = inF sup QAp.

hre n—e - k2N neWN Kk3n

PoAakng a\os“aja\ limes inTevior  in velja:

liminFan = lim infa, = swpwnf a
LUng o h=222 |3n nel  kan

Naj ho dare zaparedje Fa: X —> [-02,9). Definivuwn nasledinje
funkeye: )
(3p ) = sup Ful

(R P = ofy

("',('_‘ﬁ.’," Fa)(x) < = limovp Falk)
(li:\m'mf Fa)(x) = liminF Fald

Primer: N&j bo X wedevna wmogica m A J-alﬁ(bm\ Hevng-
koS¥evmh (SYevnn ali kowplenwent §3rcwn\ p@dmmilc v X NC!J
bo E2X +ake wmnozicy da vyt E mti EC w $lewna
Tore.s Egd = XE Ni mer\jivq.

X_E'-SUP {x{q\XGEX Jo supremum  druzime merjivih
Fuv\\wisl venday n) mcr‘j\vq.

NU\S bo L*Fn\neu EGPQTOXSL mer‘\\iv'\\n 'Funkoi‘s i X v [“’0:“’1
D\T&)\‘\“ 5‘\'0\ -%\28 'F'\ I i\':S'Fv\ me,r‘bi\l\' Fuhl‘t.iSi_
&) Tedoy sto. \l'mb\i ™ w \ihvgix\ﬂ:n wierljivi Fvv\ku\'ji.
@\ Co £ —F po +ockeh, potew 1§ merljiva



Dokaz: ) Oznalima o = sup¥n.

nelN

3.4([’”-“—,\\ = {xeX \g(q]sqk
= {xeX| fabd e VneNY

= E{KeX\ Falal ¢ ol
-“04; (Lo o)) €,

Saj SO T werljive.

Fuv\\(o\‘)a\ iY\FF n- " f\ ZEI( ‘Fn\ Je mer\:\\va Qo E%OW\SQW\-

) limsup = v\&f} @ = inf qn < wmerljive po i)

N3 —
An .- mer[\\vo P2 L\

POAQBV\Q ll' _\n’f\:\f ¥ n-

(i) Ce fa—>F po Yoikah, potem F= |immFFn - limsupTn .

n—>90 N=?co

2.5 Aproksimadin 5 stopnizastimi Funkeija

FUhkoiSo\ f:Xx—>¢ Sﬂ- , Ce ima koning
Zu\'bﬁo vrednosti,

Ce Zf"{o.ql O\n\, r\\\’\ cemer a.,faJ ZOLU')' prJ)re.W\

Fe Za" XF Qb)) %-0“‘7("\&,
Kier je A= f ({&u’ﬂ.

¥ W\Cr\i{vu 5 Ay werljive Yk=12,..., n.



[)OkUQ’ ©:Ax W\Qr‘\jivo\ £ X-AL mer\\\'\'\,a\ = F Mgrlj\‘vu\ kot linearna
kam\oiuuui\\'m merlivik

&) Naj \004 Uk odpit wmmotica, ki vselje dy, e wrbije 0

Zu itk F LU= Ae (Lo vaumes singletan] =D A merljua .

2$Qraj :\Q. 'F \V/ Obhki : Ay puTQMt& VQ%‘IZV\i, Al,_ paromy
J{.ss\m\,*v\c. n L\Z Awn=X.

Vektordd praster vseh omejuih  werljivih funkeij oprew,,
S svprcmvm normay .
Wl = suQ\f-(x\\

Y&

Dobima normiran pms%r.

Prostor vseh omejewih W\ev‘tjivih Fu\'\hd\'} wa X je
Bawschay prostor %\ec)\t na | leo.

Dokoz: (Fa)ne Cqu.hy"}ew = (Fn (nes je Lonw.\rtaﬁw“no v &
=3IFK):= n\m‘):n ) \e enakomerna  Jymiky
( H’.«(K\-Fm\r\\:t Za w2 VxeX.)
IFN-famld)| s &

D F Je limi ko pe Yoikah fupontx\'\t\ (Enlnen =>F wier ljiva

|2 nas\e:lv\'y&u izreka bo sledilo, Ao je vektorski pmstor vseh
SYopmidastin mev\jvih Funkuy gost v grasterw vk qmejenih
rmex \jivi ‘Fun\cuij.

&#X\ qesta, v E)I,\(X\

stop. werl;. om. merlj.

N“S ha f:X—[0, <] w\er\j\'vu .Te&q:\ qbs‘ru\'sq namizd‘\%&
qugm[se, nem%x\iw\'nk wer ljivik z,—}oph’\qu\"‘h (‘vn\f-uj far X— [olw)|
da £, 2T po Fockah, Ta kanveargenin jo evalomerna na el
mnozicl, kiee 2 f omejenn.



Ce e t omefd , patem I(Fnlnew Fo: X — [0,02) sdopmicard,
n fa=Tt endimema.
BX—=C werljiva =) F= ReF+ 1mf = (Ref* - Nef ) ti(Imf* ~lmf7) .
Ref* Ref, Imf* \wF™: X — [0,00) 50 owejene (e f omejend.
Pa 2orngem 3(%\“.(”“\»\,[3\,\,\?—:\\ 2ap. vieney, Slop. erly. fumt,
do 89 honvergence,  Un—r RS O = Ref T Ry = Imf ") Ly f”
evakomerne, =D M\ﬂ.?\—t-/v\\ — t  enakimerm

Stop. kawpl. merl;. Forliij

_DO\UJ-'% UIYC‘U-\ o] QPYQL,M'W\‘_C:'}“\:
= VnéN m k=12, '"\"‘?.“ AL inivamo mrlJ;v{. YWOZIL

ok 21X VB e R4 B 2 (05 %)
i Faos Ixex| £zl = £ (n 7).

= XE...,.\ Fhkg.

hl

Definwroma  Fp = (k
'Fh <9 .S'l'QPV\\wbq'L V\QV\&Z&“’W‘\Q. |r\ W\QV“J\VL Da SR VIIM-'\H Aq
‘seF <o VheN 2a xe 1 ((0,x)) veljn [F(A)- -F“lx\\

Ce. F(x) <o p(ﬁ-ehq o\ wmelud oQal\le. VL\\& \F(x) - ﬁ\("\l’-q_ﬂ_’o
Tovc\s ¥ (x\gm D F K — Flx) ozirama §,(x) 71X

Ce Flx) = o0, potem ¢ 5K} = —> o0, TQ“A Tt

Nojbo ACX daka, do jo Sln omejena. Tedsj jo AnFa=&
o()\ V\e.koc)\ (M\je,. Qd prei . \i::qk xeA tn\.o\oiio\
‘Fn\"\‘ﬂ’q] $ ™M ¥nzn, .

To x enakomerna konveraemca .
A J




1-1"=8 Nwajey

Na\'\ bo T X—C W\:\r\j\'m. Teda Q\)S\?A-da\
zoporedie. (Falnew  Wierljivih s\‘ap“\iqs‘\'i\f\ Funkay, Aa veljo
Qelfal &\&l& - ™ F,, —F o tohah. Konverae.nco\
je e,m\t.owrm N vyl W\V\o"i':'u.l', na hatevi XL “F omel‘em_

Dokaz: DN

2.6. Nacing konveryence

Nay be (X, &, /b\ merljivi prostor i (Fn)yy Zaporedie merljivik

Funkci\&. Pravimo, da fa—F , € za Yeo>o
JAck, Ao EU\C'\L ¢ in fn —f enakomerny na A.
Pravimo, do. +n—F , e ima mnedica,

{xeX| falk) = F(K)\ nitelno wero. Lahks se zqodi, g limina
&qod

ni W\Qr\")iva.

Ee, fo—F skom;l enakomerng, po-}em ¥n—>F S|<omj

povsod..

.8

Dokaz: Za ¥me N. 3Am. [‘L\A:\) <m m T enakomerno
na Am. Zate Fn—>F po :\;oékal\ nee Awm.
>F,——F po Yotkah no HAAW\. VL[\A

pUIAN = wlA As) < 5 — 0



skm»“' povseA 2 s.p. ] +ipicne.
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Losknest P Vel .skova'd povsol\, Ce ima komplement wnozice weh
xeX, 2o ntere P ve\Jq, merg  wic,

Er_'\mgf \\ konversenca\ SL'avaj pOVb'M)\ 'f',\-—"f DL"“"”.J FQVM :
P ) — fx)
w| f20 skova) povsak
F.. flx=z0

Na"\ bo (X\\k, /k) prosYor s konine mero. (e S0
(Frlnew mer \)in w fa—F skaraj povsad | kjer je ) e ljia,
potem Fn—F skovaj enalomernq.

qv}ﬂd

Mkﬂ-%: 'Fn E— 'F & 'FV\ - F — O (V:':Jb sﬁvo?jbv:iutomwm‘
B, Fh—0 bk‘b\’a" povsad\,

zopi"'aiw\o X=X"'v N //Llld\’-Q imn fn—f na X" po Yockah
C-e. o\o\caiemo, cx(h 'F“_30 S‘COYO;'] cmhmevm no X‘| ,dO'l'EWI
are fn—0 Skove) enalawerna na X,

BSS 0 po inthan na X,

\/pe“iw\o AL

. Ak,m"" {,X5X‘ “Fnt’(nsa-\ Vﬂzk‘k
M Ak‘m = >< VW\C'-'"\I

xeX: 'FnkK\_bQ P
YmeN.JkeN. [Fall$m Yurk =D x € Ay
Hkra\'\'i Ak,m = Aw,m YmeN . YkeN

x h Ll:j: A“H"\ .; Akame Ahe.m :j M\X\ =Ll_i'3 (Al‘-\“"‘) (*\



Fi\tS\roleo g30. l= (NP\ sledi, do =za meN.3 kheN.
MlAw,a) 2 pbe) - 7=
Definivuyma A==ﬁ At > (A & & Z }L\Ail.ﬂ\

Z (40 -/um.,m\)

=g

¢ z %-_;
fa—20_enakomermg no A .
XeA = K €A, n YmeN
8§70 ApmeN . WL §
Xe A = |Falxil ’=4;,\‘- S ¥n2l,,
TO 3& dQ'F\.V\iL(jU\ e.m\«.wnexm. \convcrﬂe\nce 14" A

Zupomt){\e mer\:j'\vi‘\ ‘F\m\:oi' ‘Fn'-)( —>(
pm—H mer\j\'vi Fun\(biji é, ce r>e % Jsale e >0 Vc\\jm
lim (X €X) 16l P2 Y] =

h—?vw

Primer: i} (R, DOR ,m)
'F“:x(.hm-t‘\\

* X & (V\|'\“'1l

A
Fal) = X e = 5_02 sicer
_B.F‘n—bo po *OZM.Q\\
Fn _’é 0 po wery

- - o

E'K (o X \ IFf\ \K)'ﬂ"“z QL’ = {%éx ( ﬂ-ln.nn\(x\ L e'll

¢=Y = IXeX|Xpanl) #M8< (nonel
% EX| K fnea ) 2 4’7_7)\ =1 >0



fa ZA.;’ \BS skoraj enakomernn
| , ""(h‘h“"‘]

l‘Fv\\’C\‘ 0\ = \x(m,nﬂ\(x\- 0) = { 0 sweer

Ce %i 2o £, A bhohy | m(A")"l"L in a0 enl
am AL = 1%“".&“6" slerk;l In Yok A ne obsjruAb\.

'\i\ [_0/13, Lol wera (0zirawn newa 2oy wa Lo, ’l]\
.F‘l: xt"l"\ |
12 ¥pumy, Fs X4y
Fus Ky, fs > x["lr."«-ll Ve XC"L-"’Q l Fa -x'f.’/u.ﬂ

Zo. ¥xe[0,4) I zagoredje (Falnew  Meskonina mnogo 1 in
0. TQYC.:) ne konvews'\m po '\-ozkah (v WJ\)QV\] ‘\‘Oiki\.

'Fh__)O _Po. Mme

l

Y

fxex ) fubd- a|z el

Ta wnozica Mma wers enaks  wev: u.s\'retv\egu '\nh\r'va\«‘\u'
defmva §.. er Yo were lonveraivajo poti 0, velja
Fr—0Q po wmeri

lzreke Jedorova ne velja nujno, e je mlx)=eo,

11. november 2025




